Data from HERA, LEP and the Tevatron, as well as from low energy experiments are used to constrain the scale of possible electron-quark contact interactions. Different models are considered, including the most general one, in which all new couplings can vary independently. Limits on couplings and mass scales are extracted and upper limits on possible effects to be observed in future HERA, LEP and Tevatron running are estimated. Total hadronic cross-section at LEP and e − p scattering cross-section at HERA are strongly constrained by existing data, whereas large cross-section deviations are still possible for Drell-Yan lepton pair production at the Tevatron.
Introduction
Search for "new physics" has always been one of the most exciting subjects in the field of particle physics. The results presented in 1997 by the H1 [1] and ZEUS [2] experiments at HERA electrified the physics community. Both experiments reported an excess of events in positron-proton Neutral Current Deep Inelastic Scattering (NC DIS) at very high momentum transfer scales Q 2 , as compared with the predictions of the Standard
Model. Unfortunately, in spite of the significant increase in the integrated data luminosity, these results have not been confirmed nor contradicted [3, 4] . The effect can be just due to a statistical fluctuation, but can also be a first sign of some "new physics".
In 1998 HERA experiments started again 1 to collect electron-proton data aiming for integrated luminosity comparable with that of the positron-proton data. The first results are expected soon. The aim of the presented analysis is to review experimental and theoretical constraints on possible signals of "new physics" at HERA and extract limits on a new effects to be seen in the new HERA e − p data. Limits corresponding to other present and future high-energy experiments are also considered. The contact interaction models, used as the general framework for this analysis are described in section 2. In section 3 the relevant data from HERA, LEP, the Tevatron and other experiments are briefly described. Methods used to compare data with contact interaction model predictions are discussed in section 4. The results of analysis within different contact interaction models, including extracted limits on the mass scale of new interactions, are presented in section 5. Predictions for the future discovery potential at HERA, as well as at LEP and the Tevatron are discussed in section 6. The analysis presented here is based on the approach suggested in [5] . Significant work has been done to improve the treatment of experimental data, including a proper interpretation of statistical and systematic errors as well as acceptance cuts and smearing.
Contact Interactions
Four-fermion contact interactions are an effective theory, which allows us to describe, in the most general way, possible low energy effects coming from "new physics" at much higher energy scales. This includes the possible existence of second generation heavy weak bosons, leptoquarks as well as electron and quark compositeness [6, 7] . Contact interactions can be represented as additional terms in the Standard Model Lagrangian [7] :
where subsequent lines describe, as indicated, the scalar, vector and tensor contact interaction terms. As very strong limits have been already placed on both scalar and tensor terms [7] this paper considers vector terms only. The influence of the vector contact interactions on the ep NC DIS cross-section can be described as an additional term in the tree level eq → eq scattering amplitude [5] :
M e i q j →e i q j (t) = − 4πα em e q t + 4πα em sin 2 θ W · cos 2 θ W · g 
1 Previously HERA run in electron-proton mode in 1992-94.
where t = −Q 2 is the Mandelstam variable describing the four-momentum transfer between the electron and the quark, e q is the electric charge of the quark in units of the elementary charge and the subscripts i and j label the chiralities of the initial lepton and quark respectively: i, j = L, R. g where I 3f is the third component of the SU(2) isospin for the fermion f : f = e, q. 
where s is the center-of-mass energy squared of the four-fermion reaction. The sign of the contact interaction contribution to the s-channel amplitude (4) is the same as for the t-channel amplitude (2) . However, the Standard Model amplitude changes its sign due to the opposite signs of s and t variables. It is therefore important to notice that the resulting sign of the interference terms in the cross-section for e ± p scattering is different from that in e + e − or pp scattering.
The contact interaction coupling strength η can be related to the mass scale 2 M of new physics through the formula:
where g CI is the unknown coupling strength of new interactions. As the contact interaction contribution always depends on the g CI to M ratio, it is convenient to consider the effective mass scale Λ defined through the formula:
which corresponds to the choice g 2 CI = 4π.
General Model
In the most general case, vector contact interactions are described by 4 independent couplings for every lepton-quark pair. With only 2 lepton (e and µ) and 5 quark flavours (i.e. neglecting t quark contribution), we still have 40 independent couplings. It would be very difficult, if not impossible, to consider the model with 40 free parameters. However, some of these parameters (couplings) are weakly constrained by existing experimental data. To reduce the number of the free model parameters, weakly constrained couplings can be either neglected or additionally constrained by relating them to some other couplings. Most of existing experimental data is sensitive predominantly to electron-up and electron-down quark couplings. Therefore, the first model considered in this analysis is the one assuming that these 8 couplings (η The other possibility is to impose additional relations between couplings. The common choice is to assume lepton universality: (6) and quark family universality:
Lepton universality allows us to include data on muon pair production at the Tevatron (see section 3.2), whereas assuming quark family universality significantly improves the constraints which we can obtain from LEP2 measurements (see section 3.3). As a result, experimental constraints on contact interactions can be significantly improved without increasing the number of free model parameters. The model assuming relations (6) and (7) will be referred to as the model with family universality.
Another commonly used assumption about lepton-quark contact interactions is that they satisfy the SU(2) L × U(1) Y gauge invariance of the Standard Model. Assuming that lefthanded electrons and quarks belong to SU(2) L doublets and that the contact interaction Lagrangian (1) respects the SU(2) L symmetry implies a relation between contact terms involving left-handed u and d quarks [5] :
which reduces the number of free model parameters from 8 to 7. The SU(2) L × U(1) Y also relates eeqq contact interaction couplings with those of ννqq interactions
This allows us to use, in the study of eeqq contact interactions, additional data on NC neutrino scattering (see section 3.4).
Moreover, assuming the SU(2) L × U(1) Y universality introduces a related contact interaction term in the Charged Current process eq → νq ′ . The coupling constant for the induced Charged Current contact interaction is
This relation allows us to use, in the study of Neutral Current contact interaction, also data from Charged Current processes (see section 3.1 and 3.4). The model assuming the SU(2) L ×U(1) Y universality will be referred to as the SU(2) model.
One-parameter models
Using data from a single experiment it is mostly not possible to put significant constraints on contact interaction scales in the general case. Therefore it is a common practise to consider particular models, which assume fixed relations between the separate couplings, reducing the number of free parameters to one. For example, the so called vector-vector model assumes that all couplings are equal:
Mass scale limits obtained in one-parameter models are, artificially, much stronger than in the general model. They will be considered in this analysis to allow comparison with other results. The relations between couplings assumed for different models are listed in Table 1 [11]. It should be noticed that all one-parameter models considered assume
for q = u, d, to avoid strong limits coming from atomic parity violation measurements (see section 3.4). For all one-parameter models quark and lepton family universality is assumed. The results obtained both with and without imposing the SU(2) L × U(1) Y universality are presented, except for the U2, U4 and U6 models, which violate it explicitly (η eu RL = η ed RL ).
Experimental Data
In this section the data used to constrain contact interaction model are presented. For each measurement, the formula describing the possible influence of the new couplings on the measured quantities is given. Description of the statistical methods used to interpret the data will be presented in the section 4. Older results from e − p NC DIS scattering [8, 9] are also used, although the influence of these data is marginal. For models with the SU(2) L × U(1) Y universality, as mentioned in section 2, data on e + p CC DIS [3, 10] The leading order doubly-differential cross-section for positron-proton NC DIS (e + p → e + X) can be written as [5] 
where x is the Bjorken variable, describing the fraction of proton momentum carried by 3 If not given, the number of events can be estimated from the cross-section value assuming that the statistical error quoted corresponds to the Poisson error on the number of measured events,
a quark (antiquark), q(x) andq(x) are the quark and antiquark momentum distribution functions in the proton and M eq ij are the scattering amplitudes of equation (2), which can include contributions from contact interactions described by a set of couplings η.
The cross-section (including the contribution from contact interactions), integrated over the x and Q 2 range of an experimental Q 2 bin is
where y max is the upper limit on reconstructed Bjorken variable y imposed in the analysis 4 . The number of events expected from the Standard Model with contact interaction contributions can now be calculated as:
where σ LO SM is the Standard Model cross-section calculated with formula (14) (setting η = 0).
Drell-Yan lepton pair production at the Tevatron
Used in this analysis are data on Drell-Yan lepton pair production from the CDF [12] and D0 [13] experiments. Both experiments present numbers of measured high-mass electron pairs (pp → e + e − X). CDF also presents results on muon pair production (pp → µ + µ − X), which are used in the case of models with family universality (see section 2). The leading order cross-section for lepton pair production in pp collisions is
where M ll is the invariant mass of lepton pair, Y is the rapidity of the lepton pair centerof-mass frame, x 1 and x 2 are the fractions of proton and antiproton momenta carried by the annihilating quarks, and K DY is the QCD factor. The scattering amplitudes M eq ij and the parton density functions are calculated for scalê
where s is the total proton-antiproton center of mass energy squared.
The cross-section corresponding to the M ll range from M min to M max is calculated as
where Y max is the upper limit on the rapidity of the produced lepton pair:
and A ll (Y ) is the acceptance function, resulting from the integration over the lepton-pair production angle in the center of mass system, with angular detector coverage taken into account. The cross-section calculated with equation (17) is used to calculate the number of events expected from the Standard Model with contact interaction contributions using formula (15).
Measurements from LEP
Many measurements at LEP are sensitive to different kinds of "new physics". The eeqq contact interactions can be directly tested in the measurement of the total cross-section for e + e − → qq. Using flavour tagging techniques, additional constraints can be obtained from the measurement of the heavy quark decay fractions R b and R c , and of the forwardbackward asymmetries A q F B ofevents. The leading order formula for the total quark pair production cross-section e + e − → qq, at the total electron-positron center of mass energy squared s, is
where K ee is the QCD factor and M eq ij are the scattering amplitudes described by equation (4), including contributions from contact interaction couplings η. For comparison with measured experimental values, the leading order contact interaction cross-sections are rescaled using the expected Standard Model cross-section σ SM (s) quoted by experiments:
where σ LO (s, 0) is the leading-order Standard Model cross-section ( η = 0), calculated with equation (18) . All four LEP experiments have recently presented data on σ had for center-of-mass energies up to 189 GeV [14, 15, 16, 17, 18] . The sensitivity of the total hadronic cross-section to the contact interaction coupling strength η is limited by the fact that the interference terms in the quark-pair production cross-sections have opposite signs for up-type and down-type quarks. In the total crosssection, summed over all quark flavours 5 , these terms tend to compensate each other.
However, if this is the case, the fraction of events produced with the given quark-pair flavour turns out to be very sensitive to the contact interaction couplings. The contact interaction contribution to the scattering amplitude affects also the observed forward-backward asymmetry ofevents. In the leading order the forwardbackward asymmetry can be calculated as
where the factor 3 4 corresponds to the integration over the full angular range 6 .
Constraints upon the forward-backward asymmetries A q F B are obtained using a jet charge technique. After clustering all the events into two jets, the jet charge Q jet of each jet can be determined from the momentum weighted sum over all charged tracks in the jet. The sign of Q jet coincides with the charge of produced quark in about 70% of events. The forward-backward asymmetry for the selected sample of events (e.g. b-tagged events) can be extracted in two ways. The method used by Aleph is based on the measurement of the mean charge difference between the forward and backward jets Q F B = Q Delphi and Opal extract A q F B from the angular distribution of jets with well defined sign. In both cases, the measured asymmetry depends on the parton-level asymmetries A q F B and on the quark content of the selected sample. As the up-type and down-type quarks have charges of opposite signs, the measured asymmetry is very sensitive to the relative contribution of different quark flavours. Even if we measure the asymmetry for the flavour-tagged sample, the selected sample of events is always contaminated by other quark flavours (e.g. a b-tagged sample always contains a fraction of cc events) and the measured value depends strongly on the quark production fractions (e.g. R b and R c ). This is the reason why the measurement of the forward-backward asymmetry is very sensitive to the contact interaction couplings. 
Data from low energy experiments
The low energy data are included in the present analysis in the manner which follows closely the approach presented in [5, 21] . Therefore only basic assumptions are listed here and technical details are omitted.
In case of the general contact interaction model the following constraints from low energy experiments are considered:
• Atomic Parity Violation (APV)
The Standard Model predicts parity non-conservation in atoms caused (in lowest order) by the Z • exchange between electrons and quarks in the nucleus. Experimental results on parity violation in atoms are given in terms of the weak charge Q W of the nuclei. A very precise determination of Q W for Cesium atoms was recently reported [22] . The experimental result differs from the Standard Model prediction [23, 24] by:
Corresponding results have also been obtained for thallium [25, 24] :
These measurements are used to place limits on contact interaction contributions to Q W :
• electron-nucleus scattering The limits on possible contact interaction contributions to electron-nucleus scattering at low energies can be extracted from the polarisation asymmetry measurement
where dσ L(R) denotes the differential cross-section of left-(right-) handed electron scattering. Polarisation asymmetry directly measures the parity violation resulting from the interference between the weak (Z • exchange) and the electro-magnetic (γ exchange) scattering amplitudes. For isoscalar targets, taking into account valence quark contributions only, the polarisation asymmetry for elastic electron scattering is
where Q 2 is the four-momentum transfer and g q i are quark electroweak couplings, as introduced in equation (3). Contact interactions modify the effective quark electroweak coupling
The constraints used in this analysis come from the SLAC eD experiment [26] , the Bates eC experiment [27] and the Mainz experiment on eBe scattering [28] . In case of models with family universality also data from the µ ± C experiment at CERN [29] are included 7 .
In case of the SU(2) models additional constraints come from:
• neutrino-nucleus scattering Constraints on the couplings of quarks to the Z • and/or additional ννqq contact interactions (related to eeqq CI, as described in section 2.2) can also be derived from the precise measurement of the ratio of Neutral Current to Charged Current neutrino-nucleon scattering cross sections
However, when using constraints on g q i resulting from measurement of R ν , one also has to take into account that possible contact interaction contribution affects not only the Neutral Current but also the Charged Current scattering cross-section (see section 2.2). Therefore the quark electroweak coupling extracted from R ν measurements should be expressed as
It is important to notice that η [30] and the recent constraints from CCFR [31] and NuTeV [32] .
• lepton-hadron universality of weak Charged Currents Charged Current contact interactions induced by SU(2) L × U(1) Y universality (see equation (10)) would also affect the measurement of V ud element of the CabibboKobayashi-Maskawa (CKM) matrix, leading to the effective violation of unitarity [33, 34] . The current experimental constraint is [24] 
The constraints from the µ ± C experiment result from the comparison of µ + L N and µ − R N cross sections. 8 This correction seems to be missing in [5, 21] .
whereas the expected contribution from the contact interaction is
• electron-muon universality In the similar way Charged Current contact interactions would also lead to effective violation of e-µ universality in charged pion decay [33] . The current experimental
It is interesting to notice, that data in Charged Current sector may point to a slight violations of the unitarity of the CKM matrix and of the e-µ universality. Both measurements are consistent with the presence of CC contact interactions with a mass scale of the order of 10 TeV. The combined significance of these two results is about 1.8σ, but it has a considerable influence on global analysis results for the SU(2) model.
Analysis method
The aim of this study is to find the allowed ranges for contact interaction couplings within the different models considered. To do so, the probability function in the coupling space,
is calculated. In (24), the product runs over all experimental data i and η represents the set of free parameters for a given model (one or many). This section describes how the probability function is defined and which corrections are included to take into account experimental conditions.
Statistical errors
All experimental data used in this analysis can be divided into two classes.
1. For experiments in which a result can be presented as a single number with an error which is considered to reflect a Gaussian probability distribution, the constraints on the contact interaction couplings can be usually expressed using the equation
where ∆A is the difference between the measured value and the Standard Model prediction, and F ( η) is the expected contact interaction contribution to the measured value of A. The resulting probability function can be written as
reflecting the definition of the Gaussian error σ A . This approach is used for all low energy data as well as for the LEP hadronic cross-section measurements.
2. On the other hand, when the experimentally measured quantity is the number of events of a particular kind (e.g. HERA high-Q 2 events or Drell-Yan lepton pairs at the Tevatron), and especially when this number is small, the probability is better described by the Poisson distribution
where N and n( η) are the measured and expected number of events in a given experiment, respectively, and n( η) takes into account a possible contact interaction contribution. This approach has been used for HERA and the Tevatron data.
Systematic errors
For low energy data the total measurement error can be used in formula (26) taking into account both statistical and systematic errors. For collider data, formula (26) or (27) is used to take into account the statistical error of the measurement only. As for the systematic errors, it is assumed that within a given data set (e.g. e + p NC DIS data from ZEUS ) they are correlated to 100%. This seems to be a much better approximation of the experimental conditions than assuming that systematic errors are uncorrelated 9 . In fact most of the contributing systematic uncertainties at HERA are highly correlated between different Q 2 bins, as for example energy scale uncertainty or the luminosity measurement.
For each data set, a common systematic shift parameter δ has been introduced to describe the possible variation of event numbers expected at HERA or the Tevatron, or cross-sections predicted at LEP, due to systematic error:
Unfortunately the experiments do not publish the correlation matrix for their systematic errors so these are the only possible choices.
wheren SM (σ SM ) is the nominal expectation from the Standard Model and σ sys n (σ sys σ ) is the total systematic uncertainty attributed to this number. Parameters δ can been treated as additional free parameters when maximising the overall model probability P( η). When doing so, normal probability distributions for parameters δ are included in the definition (24) of the probability function 10 .
Migration corrections
Equation (15) 
where σ Q 2 is the Q 2 resolution, as quoted by experiments, assumed to be constant within the bin. The Drell-Yan cross-section is calculated by the similar extension of eq. (17):
where σ M is the M ll resolution. The mass resolution has been estimated from the quoted calorimeter energy resolution (for electrons) or tracking momentum resolution (for muon pairs). The acceptance function used in both formula
describes the probability that the true value x measured with resolution σ will be reconstructed between a and b. The migration corrections are important for the muon-pair production results from the Tevatron and for the CC DIS results from HERA. For electronpair production or for NC DIS results, when the corresponding mass and Q 2 resolutions are much better, the effects of the migration corrections are very small.
The influence of the systematic errors and the introduced Q 2 smearing on the model probability function P( η) has been studied for the ZEUS e + p NC DIS data [4] . The results, in terms of the log-likelihood function, -log P, for four chosen one-parameter models, are shown in Figure 1 . The applied corrections (mainly the systematic error correction) can have sizable influence on the model probability distribution. Taking into account statistical errors only leads to much narrower probability distribution and gives much stronger constraints. The most prominent effect is observed for the VV model. A narrow probability maximum (minimum of -log P function) observed when only statistical errors are included, becomes wider with a "shoulder" on one side when the systematic errors are taken into account.
The results from this analysis have been compared with the ZEUS results based on full detector simulation [11] . The comparison for the same four one-parameter models is presented in Figure 2 . For some models very good agreement is observed between this analysis and ZEUS results, as can be seen for AA and X1 models. However, for models such as VV or U2, the constraints given by ZEUS are stronger (probability distribution narrower) than the constraints resulting from this analysis. This is due to the fact that the ZEUS analysis takes into account the two-dimensional event distribution in the (x, y) plane, whereas this analysis uses the one-dimensional Q 2 distribution only.
Radiative corrections
For high-energy data from HERA, LEP and the Tevatron, Standard Model predictions given by experiments are used to rescale leading-order expectations of the contact interaction models (see formula (15) and (19)). This accounts not only for different experimental effects, but also for higher order QCD and electroweak corrections, including radiative corrections. This approach is reasonable as long as the difference between the corrections for the Standard Model and for the model including contact interactions is negligible. It is natural to assume that this difference should be much smaller than the correction itself.
The contribution of radiative corrections to high-Q 2 DIS at HERA is of the order of 10%. For high-mass Drell-Yan lepton-pair production at the Tevatron it is only about 6%. Therefore, the possible variation of the radiative corrections for both HERA and Tevatron data have been neglected. The only data where radiative corrections could be significant is the hadronic cross-section measurement at LEP.
Most of the events observed at LEP2 are radiative events. This is due to the "radiative escape" to the Z
• peak. Radiation probability is significantly enhanced as the e + e − annihilation cross-section at √ s = M Z is several orders of magnitude higher than at 
where integration runs over the center-of-mass energy squared s ′ of the produced quark pair, and s ′ min is the minimum value of s ′ required by the event selection cuts 11 . G(z)
is the "radiator function" encapsulating the results of QED virtual and real corrections. Used in this analysis is the approximate formula (based on [36, 37] )
where
The parameter f r is chosen to reproduce the cross-section ratio for radiative and nonradiative events 12 .
It turned out that the effect of radiative corrections on the probability function P( η) is very small. The resulting limits on contact interaction mass parameters decrease by at most 3%.
Probability functions
The probability function P( η) summarises our current experimental knowledge about possible eeqq contact interactions. It will be used to set limits on contact interaction mass scale parameters and to extract predictions concerning possible future discoveries. It is therefore very important to understand the precise meaning of P( η).
P( η) is not a probability distribution of η. A probability distribution should describe the probability of finding a given value of variable. Our situation is different. Function P( η) describes the probability that our data come from the model described by the set of couplings η (see section 4.1). It is our data set, which is a variable, and η is a set of model parameters: they are unknown, but they are fixed. This simple observation has very important implications for this analysis, not only for the limit setting procedure (see next subsection) but also for calculation of model predictions.
To set limits on possible deviations from the Standard Model predictions (eg. for NC DIS cross-section at very high-Q 2 at HERA or for hadronic cross-section at next e + e − collider), we have to consider the probability function P (r), where the cross-section deviation r is defined as
If P( η) is taken as probability distribution, then the probability distribution for r should be calculated as
where integration is performed over N-dimensional coupling space. This however leads to completely false results, as is demonstrated in appendix A. Instead of calculating the probability distribution for r (which is not well defined), we should rather try to find out what is the probability that our data come from the model predicting deviation r. This leads to the formula:
where averaging is necessary, if we want to reduce number of parameters of the probability function (for multi-parameter models). The commonly used assumption in that case, is that η has flat underlying (prior) distribution 13 . The formula for P (r) can be then expressed as
The formula applies for any variable which can be used as a parameter of the probability function. In this analysis it will also be used to calculate probability functions and to set limits on mass scale parameters corresponding to single couplings in multi-parameter models.
As P( η) is not the probability distribution it does not satisfy any normalisation condition. Instead it is convenient to rescale the probability function in such a way that its global maximum has the value of 1:
Extracting limits
After imposing condition (34), the lower and upper limits on the value of the model parameter r are defined as minimum (r − ) and maximum (r + ) values satisfying relation P (r − ) = 0.05 and P (r + ) = 0.05 .
For any model described by the parameter r < r − or r > r + , the probability that our data results from this model is less than 5% of the maximum probability. This is taken as the definition of the 95% confidence level (CL) limits. For one-parameter contact interaction models this approach is slightly modified. As models with negative and positive values of η are usually considered as independent scenarios (differing by the signs of the interference terms in the cross-section), the upper and lower limits on η are calculated using restricted η range:
For one-parameter contact interaction models, or for probability functions related to single couplings in multi-parameter models, the limits on coupling values η − and η + can be translated into the limits on contact interaction mass scales
Mass limits commonly used in literature are based on η limits defined in a slightly different way. In this paper they will be denoted as η −− and η ++ . Their definition follows from the equations:
This approach is based on the assumption that η has a flat underlying (prior) distribution. In such a case P (η) can be treated as the probability distribution for η. The mass scale limits corresponding to η −− and η ++ will be denoted as Λ −− and Λ ++ . Although the definition resulting from equation (35) is considered to be more appropriate for this analysis than definition (37), the results for both definitions are presented to allow comparison with other results. As definitions (35) and (37) correspond to the different interpretation of the probability function, they are not expected to give similar results. In fact, the allowed range for parameter η, calculated with equation (35) is usually about 25% wider than the one calculated with equation (37) 14 . As a result, corresponding mass scale limits Λ − and Λ + are usually 10 to 15% smaller than Λ −− and Λ ++ .
14 For Gaussian shape of the probability function, η − and η + correspond to ±2.45σ limits, whereas η Table 2 : Coupling values and 95% CL mass scale limits resulting from fits of one-parameter models without SU(2) L × U(1) Y universality. The errors attributed to η values correspond to the decrease in the model probability P(η) by the factor of √ e. See text for explanation of the symbols.
Results
For one-parameter models the analysis has been performed both without and with the additional assumption of SU(2) L × U(1) Y universality (see section 2). The models assuming SU(2) L × U(1) Y symmetry are referred to as SU(2) models. One-parameter models without SU(2) L × U(1) Y symmetry will be referred to as simple models, to avoid possible confusion.
Using the overall model probability P( η), as defined by equation (24), the "best" values of contact interaction couplings (i.e. corresponding to the maximum probability) were found using the MINUIT package [38] . The results for one-parameter simple and SU(2) models are presented in Tables 2 and 3 , respectively. The errors attributed to η values correspond to the decrease in the model probability P(η) by the factor of √ e. In case of asymmetric errors the arithmetic mean is given.
For simple one-parameter models all couplings are found to be consistent with the Standard Model within 1σ. The same is true for most SU(2) models. However, for the SU(2) models U1 and U3 the "best" coupling values are more than 2σ from the Standard Model. These are the only two models which allow for η CC = 0 (i.e. η coming from the unitarity of the CKM matrix and the e-µ universality, as described in section 3. However, it has to be noticed that other data also do support this effect: the discrepancy observed for the combined data is more significant than for the Charged Current sector only. Although the effect is interesting, the data are still in acceptable agreement with the Standard Model. The probability that our data result from the Standard Model equals 5.7% and 7.0% for the U1 and U3 SU (2) The probability functions P(η) for four selected SU(2) models are shown in Figure 3 .
Results for single couplings obtained for the general model, the model with family universality and the SU(2) model with family universality are summarized in Table 4 . It has to be stressed that all limits for single couplings are derived without any assumptions concerning the remaining couplings, which corresponds to the definition (33) of a probability function. For this reason most calculated limits are weaker than in case of Single couplings can either increase or decrease cross-section for a given process, as compared with the Standard Model expectations. It is therefore also possible that the influence of the two different couplings compensate each other. Because of that, the limits on mass scales obtained for single couplings does not exclude contact interactions with smaller mass scales. To obtain the most general limit, the eigenvectors of the correlation matrix (obtained from MINUIT from the functional form of P( η) in the vicinity of the maximum probability) are considered. In case of the general model the two least constrained linear coupling combinations are (2) model. As the sign of η 1 is arbitrary, only one value is given. η 2 are shown in Figure 5 . The mass scale limit corresponding to η 1 is
This limit should be considered to be the most general one, as it is valid for any combination of couplings. This means that any contact interaction with a mass scale below 2.1 TeV is excluded on 95% CL. On the other hand it also shows that the existing data do not exclude mass scales of the order of 3 TeV. The limits on the mass scale associated with η 1 are summarised in Table 5 . Shown in the same table are mass limits corresponding to the atomic parity violating combination of couplings,
η AP V is close to the most strongly constrained coupling combination (eigenvector with the highest eigenvalue). Mass scale limits up to about 11 TeV are obtained. The probability function for η AP V in the case of the general model is included in Figure 5 .
Also shown in Figure 5 is the probability function for the Charged Current contact interaction coupling η CC induced in the SU(2) model. The discrepancy between the data and the Standard Model has decreased slightly, as compared with the U1 and U3 SU(2) models. The most probable value of η CC is about 2σ from the Standard Model value, which corresponds to the probability of about 10%. This discrepancy is observed for the SU(2) model only. When SU(2) L × U(1) Y universality is not assumed (i.e. in case of the general model and the model with family universality) the corresponding coupling combination is no longer related to the Charged Current sector and is in good agreement with the Standard Model. The corresponding mass scale limits are included in Table 5 .
15 As the sign of η 1 is arbitrary, only one value is given. It is calculated as min(Λ 
Predictions
All presented results are in good agreement with the Standard Model. Nevertheless, an interesting question is whether "new physics" in terms of contact interactions can be expected to show up in high-energy experiments in the near future. The cross-sections corresponding to the "best fit" of the general model are compared in Figure 6 with the HERA, LEP and Tevatron data. In the case of LEP data, the best fit of the general model agrees very well with the Standard Model. The Contact Interaction contribution to the measured cross-section does not exceed 3% for √ s up to 200 GeV. On the other hand, the same model predicts for both HERA and the Tevatron an increase in the cross-section by almost a factor of 2 at the highest Q 2 /M ll . In order to verify the significance of these predictions it is unavoidable to consider the statistical uncertainty of these predictions. Employing the Monte Carlo techniques, the probability function for the contact interaction couplings, P( η), is translated into the probability function for relevant cross-section deviations, as described in section 4.5. Considered in this analysis are possible deviations from the Standard Model predictions for high-Q 2 e − p and e + p scattering at HERA 16 (see section 3.1), for the total quark pair production cross-section at LEP (or Next Linear Collider, NLC; see section 3.3) and for the Drell-Yan lepton pair production at the Tevatron (see section 3.2). The probability functions calculated for these processes at selected energy scales are presented in Figure 7 .
The results for HERA, in terms of the 95% confidence limit bands on the ratio of predicted and the Standard Model cross-sections as a function of Q 2 , are shown in Figures   8 and 9 for the general model and the SU(2) model with family universality, respectively. For the e + p NC DIS the uncertainty of these predictions is very big, although the nominal predictions of both models are above the Standard Model. The Standard Model prediction is well within the 95% confidence level band. For the general model, the increase in the e + p NC DIS cross-section at HERA by up to about 80% at Q 2 of 30,000 GeV 2 would still be consistent with current experimental data. For the SU(2) model the corresponding limit is 63%. It turns out that the best statistical sensitivity (in single measurement) to possible contact interaction effects is obtained when considering the number of events measured for Q 2 > 15,000 GeV 2 . The allowed increase in the integrated e + p NC DIS cross-section is about 40% for the general model and about 30% for the SU(2) model. In order to reach the level of statistical precision, which would allow them to confirm possible discrepancy of this size 17 , HERA experiments would have to collect e + p luminosities of the order of 100-200 pb −1 (depending on the model). This will be possible after the HERA Figure 7: Probability functions for possible deviations from the Standard Model predictions for: e + p and e − p NC DIS cross-section at HERA, at Q 2 = 30,000 GeV 2 (upper plots), e + e − total hadronic cross-section at √ s = 400 GeV (lower left plot) and Drell-Yan lepton pair production cross-section at the Tevatron, at M ll = 500 GeV (lower right plot). Constraints on the possible deviations from the Standard Model predictions are much stronger in case of e − p NC DIS. This is because the Standard Model cross-section itself is higher, and also because different contact interaction coupling combinations contribute.
It is interesting to notice that the possible cross-section increase for e + p NC DIS, which is suggested by global fit results, corresponds to decrease in the NC DIS cross-section for e − p. For the general model, deviations larger than about 20% are excluded for Q 2 >15,000
GeV 2 , whereas for the SU(2) model with family universality the limit goes down to about 7%. When compared with the predicted statistical precision of the future HERA data, this indicates that it will be very hard to detect contact interactions in the future HERA e − p running. For the general model the required luminosity is of the order of 400 pb −1 .
However, the HERA "discovery window" can be visibly enlarged if we consider scattering of polarised electrons and/or positrons. The 68% and 95% CL contours for the allowed deviations for scattering of right-and left-handed electrons or positrons are included in Since the only visible inconsistency between data and the Standard Model is observed (for models assuming SU(2) L × U(1) Y universality) in the Charged Current sector, the interesting question is whether any effect can be observed in high Q 2 CC DIS at HERA.
It turns out that the possible effect is far beyond the HERA sensitivity. The "best" η CC value (resulting from the SU(2) model fit) corresponds to a decrease in the CC DIS cross-section at HERA not greater than 2% within the accessible Q 2 range, and a decrease exceeding 5% is excluded at 95% CL. At the same confidence level, any increase in the cross-section by a similar amount is excluded.
Model predictions for both the total hadronic cross-section at electron-positron collider (LEP or NLC) and Drell-Yan lepton pair production cross-section at the Tevatron are shown in Figures 10 and 11 , for the general contact interaction model and the SU(2) model, respectively. For e − e + →at √ s above about 300 GeV upper cross-section limits obtained from both contact interaction models increase rapidly. Cross-section deviations up to a factor of 3 are allowed for √ s ∼500 GeV. Unfortunately, this energy range will be accessible only in the Next Linear Collider experiment(s). LEP will not go beyond √ s ∼200 GeV: at this energy the possible deviations from the Standard Model are only about 8%, which makes possible discovery very difficult.
However, significant deviations from Standard Model predictions are still possible for heavy quark production ratios R c and R b , and for the forward-backward asymmetries A Table 6 : Leading order Standard Model prediction and the allowed range (on 95% CL) for the heavy quark production ratios and forward-backward asymmetries, for e + e − annihilation at √ s=200 GeV, in different contact interaction models.
asymmetries. Deviations up to about 13% are possible for R b and R c . Least constrained by the existing experimental data is the forward-backward asymmetry for the bb production A b F B , where deviations from the Standard Model prediction by up to 40% are still possible. Note that for the general model R b and R c are 100% correlated, whereas for models with the family universality they are 100% anti-correlated.
It seems that the best place to study contact interactions in the nearest future is the Tevatron, which should run again after being upgraded in the year 2000. If there is any "new physics" corresponding to the contact interaction model it is very likely to show up in Drell-Yan lepton pair production for masses above 200-300 GeV. Moreover, upper limits on possible deviations from the Standard Model predictions are much higher than in case of HERA and LEP/NLC. For M ll =500 GeV, which should be easily accessible with increased luminosity, cross-section deviations up to a factor of 5 are still not excluded.
Upper limits on the cross-section deviations from the Standard Model predictions, derived on 95% confidence level in different contact interaction models are summarised in Table 7 .
When considering possible future discoveries at high-energy experiments, it is also interesting to study the relation between effects observed at different experiments. The 68% and 95% CL contours for the sizes of the allowed deviation from the Standard Model predictions, for different measurement combinations, are shown in Figures 12 and 13 , for the general contact interaction model and for the SU(2) model with family universality, respectively. In both cases, clear correlation is observed between the Drell-Yan crosssection deviation at the Tevatron and the hadronic e + e − cross-section at LEP/NLC. at M ll = 500 GeV, as indicated on the plot. The limits are calculated using the SU(2) contact interaction model with family universality.
Summary
Data from HERA, LEP, the Tevatron and low energy experiments were used to constrain electron-quark contact interactions. The contact interaction mass scale limits obtained for different one-parameter models range from 5.1 to about 18 TeV. Using the most general approach, in which all couplings to are allowed to vary independently, any contact interactions with mass scale below 2.1 TeV are excluded at 95% CL. This limit can be raised to 3.1 TeV by assuming SU(2) L × U(1) Y and quark/lepton family universality.
There is a slight hint on possible "new physics" in the Charged Current sector (related to Neutral Current contact interactions by SU(2) L × U(1) Y universality), where the discrepancy between data and the Standard Model is at the 2σ level. The mass scale of new Charged Current interactions suggested by the data is of the order of 10 TeV. However, this effect -if real -would have negligible impact on predictions for future collider results. The limits on possible effects to be observed in future HERA, LEP and Tevatron running are estimated. Possible deviations from the Standard-Model predictions for total hadronic cross-section at LEP and e − p scattering cross-section at HERA, are already strongly limited by existing data. However, improved experimental sensitivity to new interactions should result from the measurement of heavy quark production ratios and asymmetries at LEP, as well as from polarised electron scattering at HERA. Sizable effects are still not excluded for e + p NC DIS at HERA and the required statistical precision of the data should be accessible after HERA upgrade. The best "discovery potential" seems to come from future Tevatron running, where significant deviations from the Standard Model predictions are still allowed. For Drell-Yan lepton pair production cross-section deviations at M ll =500 GeV up to a factor of 5 are still not excluded. However, all experiments should continue to analyse their data in terms of possible new electron-quark interactions, as constraints resulting from different experiments are, to large extent, complementary.
A Interpretation of the probability function
In this appendix a simple "toy model" is used to demonstrate that the probability function, as introduced in section 4, should not be treated as the probability distribution for η.
Let us consider a model with N independent couplings. Assume that all data considered in the analysis are in perfect agreement with the Standard Model and that the resulting probability function is
where η 2 = η 2 1 + ... + η 2 N and the distribution width σ is taken to be the same for all couplings. The Standard Model gives the best description of the data, corresponding to the maximum value of P( η).
Consider the cross-section deviation from the Standard Model prediction, which is of the form
If P( η) is taken as a probability distribution, then the probability distribution for r should be calculated from equation (32) . After integrating over the coupling space we obtain: P (r) = (r − 1)
The shape of P (r) corresponds to that of the χ 2 distribution for N degrees of freedom.
For N ≤ 2, P (r) has a maximum for r = 1, i.e. for the Standard Model expectation. However, for models with N ≥ 3 parameters, the maximum of P (r) is shifted towards r > 1 and the probability of the Standard Model solution P (r = 1) = 0. This results is incompatible with our initial assumption that all data are in perfect agreement with the Standard Model. The above calculation, based on the formula (32), is not correct because it assumes that P( η) is the probability distribution for η. We can treat P( η) as the probability distribution only if we assume that η has a flat prior distribution. This assumption justifies limit setting procedure described in section 4.6 (formula (37)). However, it does not justify variable transformation from η to r (resulting from equation (32)), as the prior distribution for the new variable does not need to be flat. Instead, one should try to define P (r) in the same way as P( η), i.e. as the probability that our data come from the model predicting deviation r. This approach results in formula (33) . For our toy model the probability of observing deviations from the Standard Model predictions is P (r) = exp − (r − 1) 2σ 2
where the normalisation condition (34) has been imposed. The result does not depend on the number of free model parameters and the most probable model is the one predicting no deviation from the Standard Model (taking into account that r ≥ 1).
